OYSTEIN ORE [1] has stated that the group of aut om or ph isms of the lattice of all closure operators definable over the lattice of subsets of a set S is isomorphic, to the group of permutations of S.
1.
OYSTEIN ORE [1] has stated that the group of aut om or ph isms of the lattice of all closure operators definable over the lattice of subsets of a set S is isomorphic, to the group of permutations of S.
The group of automorphisms of the lattice tP(L), whose elements are the closure operators definable over a complete lattice L (1) , has been studied by PH. DWINGER [2] . However, the assertion, contained in [2] , of the existence of an isomorphism between that group and the group of automorphisms of L, is not true, as one concludes from the following example: let L be the chain al < a2 < . .. < an (n > 2); ot is clear that L has only one automorphism -the identity automorphism -, although the latti~e tP (L), which is a Boolean algebra with n -1 atoms, has (n-1)! automorphisms.
In [3] we have introduced the notion of quasi-automorphism of a complete lattice L and we have shown that the group of quasiautomorphisms of L is isomorphic to the group of automorphisms of tP (L). We have obtained sufficient condit.ions to the isomorphisms between the group of automorphisms of L and-the group of automorphisms of tP (L) . From one of these conditions, we (1) A closure operator 'P of L is defined as an operat.or of L, satisfying the conditions: (i) x =:;; <p (x) = <p (<p(x)),for every x e L; (ii) if x =:;; y, then <p (x) ;S;; <p (y). It is known that, if L is a complete lattice, then cf> (L) is a complete lattice relatively to the following partial order: ip =:;; d/. if and only if <p (x) =:;; <I> (x),for every x eL.
-189-have obtained a result which contains the ORE'S theorem above, as a particular case (2) . , In this note we improve the sufficient conditions obtained in [3] and we present some other results, namely, we show that if L is a complete lattice, then the group of automorphisms of q,(L) and of .q, (q, (L)) are isomorphic.
2.
Let L be a complete lattice and h be a permutation of L. One says that h is a quasi-automorphism of L, if the following conditions hold: 2) The mapping f ";"'It" from the group of automo~I>hisms oiL One sees thatcp" is a dual atom of q,(L); Le.,cp" is an element covered by the' last element w of q, (L).Now, if ' It is an automorphism of q,(L), one has 'It(w) = wand 'ltcp" = 'P,,' for some element a' E IJ. (2) In [3] . it is shown that, if L is a complete Boolean algehra, then the grolIps of automorphisms of L and of </> (L) are isomorphic.
(3) See [2] .
(4) See theorem 1, [3] .
One shows that the mapping h, defined by
is a permutation 'of L satisfying the conditions (i) ahd(ii).
Since every automorphism, of L satisfies the conditions (i) and (ii) (with l' = II! = I), it seems natural to define 'a quasi-automorphism ofL as any permutation o{ L satisfying these conditions.
3.
We know that the automorphisms of a lattice preserve the infimum of any two elements. For the quasi~automorphisms, the following holds: 
Analogously one sees that h-1 (x) < h:"'l(y).
An automorphism is clearly a quasi-automorphism h such that, I~deed, in this case; ' . if. x < y < u, one has x' = y A (A Xi),
where the elements Xi are the dual atoms which follow x and do ;not follow y .
. Since the group of quasi-automorphisms of L is isomorphic .1:' 0 the group of automorphisms of .. cf> (L) (7), one concludes the following: '.
COROLl, ARY 2: If the complete lattice Lis dual atomistic, then the groups of automorphisrns of L and of cjJ(L) are isomorphic.
(0) This theorem improves a result obtained in [3] . (6) We recall that a lattice is said to be dual atomistic, if each element is the .infimum .of the dual atoms following it. . (7) See [3] , theorem 2. . Let us suppose that L is a complemented modular complete lattice and let x and y be elements of L' such that x < y < u.
If y' denotes a complement of y, one has
It is easy to see that the element x vy'is incomparable with y. Indeed, one has not y ~ x ,V y', otherwise it would be x = y" contrarily to the hypothesis; and one has not y > x V y', otherwise it would be y' ~ x and hence y V y' ~ y V x =' y, that is to say, y = u, contrarily to the hypothesis.
Then, from theorem 3, it follows. Let h be a quasi-automorphism of L; by theorem 2, one has suc-
which proves the theorem. We have not been able to find a necessary and sufficient condition for the existence of an isomorphism between the grTUps of automorphisms of the iattices Land cp (L), BIBLIOGRAFIA 
